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29.  Preface to Abhandlungen zur Phiosophie der Mathematik
In December 1972 Bernays was invited by the German publisher Wissenschaftliche Buchgesellschaft to assemble and publish a collection of his essays in the philosophy of mathematics.  Bernays accepted the invitation with little delay.  The collection appeared in 1976, about a year before Bernays' death.  It contains items originally published from 1927 to the beginning of the 1970s, in the original German except for two that were translated from French. It enabled the reader to see the scope of Bernays' thought on the subject as well as its continuity and change over a long career.  Throughout the correspondence between him and the publisher, a preface was envisaged.  The present actual preface is dated December 1974, when the essays included were already being typeset.  Before discussing its content, I will mention some other information derived from the correspondence of Bernays with representatives of the publisher.

In his reply of 12 December, Bernays suggested that the collection include some essays "that treat not the philosophy of mathematics directly but rather more general epistemological questions on the boundary [of the subject]".  As an example he suggested [1961c].  However, when he proposed a table of contents with a letter of 12 February 1973, that and perhaps [1946a] were the only essays fitting this description rather than belonging properly to the foundations of mathematics.  Thus Bernays' suggested expansion of the conception was very modest, and he never proposed to include more of his many essays on general philosophical topics, for example those published in Dialectica either in the context of conferences organized by the Gonseth circle or about Gonseth's philosophy.

What was to be included was not a matter of complex negotiation.  Two essays that Bernays originally proposed were dropped, [1941d] and [1967d].
  [1957a] was added at Bernays' suggestion, made late in the process in a letter of 9 November 1974.  Otherwise the table of contents followed Bernays' original proposal.

One learns from the correspondence that it was only at the stage of correcting the proofs that Bernays added the new footnotes to [1927a] and the postscript to [1930a] ([1976b], pp. 60-61).
  It was also at this late stage that the title of the book was changed from Aufsätze zur Philosophie der Mathematik to Abhandlungen zur Philosophie der Mathematik.

Bernays' preface is not ambitious and simply points to some themes in his writings.  He does write that his views "have changed almost exclusively in response to new insights gained from research in the foundations of mathematics" (p. 1), where he seems to have in mind primarily results in mathematical logic.  That seems to minimize directly philosophical influences on his later thought, in particular that of Gonseth.  

Points that are familiar from his writings that he chooses to emphasize are the absence of a "foundational crisis" that makes classical mathematics questionable, the untenability of the idea that mathematics can be based on foundations that are self-evident, and the centrality of idealization in mathematical concept formation.  All these points can be found already in his pre-war writings, particularly [1935d].  In this connection he goes into a little detail about classical analysis, pointing out that the standard nineteenth-century foundations did not amount to a complete arithmetization.  A "more strongly arithmetized analysis" is possible but not necessary, in particular because analysis makes geometrical ideas "conceptually precise".  Though its methods contain "strong idealizations", they do not detract from its "practical certainty".

The remainder of the preface deals with familiar issues raised by mathematical logic, particularly the limits placed on proof theory by Gödel's incompleteness theorem and the limitations of the power of expression of formalized languages.

He ends by saying that there is "no dearth of problems for the philosophy of mathematics" and quoting himself to the effect that regarding mathematics as "the science of idealized structures" ({1970a}) will be a fruitful and stable point of view.
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� The correspondence is in the Bernays Nachlaß at the ETH, item number Hs 975: 5343.  I am indebted to Wilfried Sieg for supplying me with copies.


�  Thus the collection as published contains none of the essays Bernays wrote in English.  In fact none of these is among Bernays' more significant philosophical statements, although of course he wrote his important series of papers on the axiomatization of set theory in English.  Bernays proposed dropping these two essays in part because they would have to be translated into German, in part because of a question about the rights to [1967d] raised by the publisher.  See his letter to Jürgen Bauer of 25 July 1974.   Concerning the essays translated from French, I note that the translation of [1935d] was taken from another (then forthcoming) collection of the same publisher, [Stegmüller, 1978], and Bernays undertook to translate [1946a] himself.


� The note added to [1946a] was presumably written in the course of translating the paper.  Bernays sent in the translation with his letter of 9 November 1974.





